Using the continuum hypothesis, an example is given of two countably compact spaces X and Y such that XX Y is an JW-space, but is not countably compact. If uX denotes the completion of X with respect to its finest uniformity, the above example shows that n(XX Y) is not necessarily equal to pXXpY, even though XX F is an M-space.
It is known that the product of countably compact spaces need not be countably compact [7] , and that the product of M -spaces need not be an Af-space [4] . Since countably compact spaces are Af-spaces, the question remains :
Q: If X and F are countably compact and XX Y is an ili-space, is X X Y countably compact?
In [5] , [6] , Morita defines pX to be the topological completion of a completely regular TVspace X with respect to its finest uniformity and proves that if XX F is an M-space, then p(XX Y) =pXXpY if and only if KXL is countably compact whenever K and L are closed countably compact subsets of X and F, respectively.
In Assuming the continuum hypothesis, spaces X and Y are constructed to provided a negative answer to Q.
Throughout, all spaces are assumed to be completely regular and 7\; the word countable will mean countably infinite; A7, is the set of positive integers with the discrete topology.
A space K is countably compact if and only if each countable discrete subset of K has an accumulation point. A space X is an M-space if and only if it admits a closed, continuous mapping into a metric space such that point inverses are countably compact.
Since the spaces to be constructed are subsets of ßN, the following facts will be reviewed.
If M is a countable discrete subset of ßN, the Stone-Cech compactification of N, then cl M (the closure of M in ßN) is homeomorphic to ßN, and M* = cl M-M is homeomorphic to N* =ßN-N.
If Mi and Mi are disjoint countable subsets of ßN such that Mx\JMi is discrete, then cl Mittel Mi = 0 and MtC\M* = 0.
If Mi and Mi are countable discrete subsets of ßN, xEMi and y E M2, then the type of x relative to Mi is said to be the same as the type of y relative to Mi (and written t(x, Mi) =r(y, M2)) if there is a homeomorphism of cl Mi onto cl Mi taking x onto y.
A point xEM* is a P-point in M* if every G¡ in M* is a neighborhood of x in ilf*. Assuming the continuum hypothesis, W. Rudin [8] showed that there are 2C P-points in N* (and hence in M* for any countable discrete MEßN).
Define an equivalence relation <~ on the P-points in M* by x~y if and only if r(x, M)-r(y, M). Since there are only c autohomeomorphisms on cl M, there are 2C equivalence classes of P-points.
Lemma 1 (Frolík [2] ). If Mi is a countable discrete subset of ßN and M2EM1, thenr(x, Mi) = r(x, Mi) for eachxEM*. Proof. Since xEM^M*, either xE(Mi(~\M2)*, xE(MÎ(~\Mi)*, or xE(MiC\M*)*, by Lemma 2. However, x is a P-point in M* and so cannot be a limit point of any countable subset of Mx. Thus x E(M*r\Mi)*. Similarly, ïC(¥,nM*)*. Since xE(Myr\Mi)* and MiC\MiEMi, for i=l, 2, Lemma 1 implies that r(x, Mi) = t(x, MiC\Mi) =t(x, Mi).
Construction of X and Y. The following example is a modification of the example of Novak [7] , simplified by Frolík [l], of two countably compact spaces whose product is not countably compact.
ßN has 2e countable discrete subsets which may be well ordered as 
